ABSTRACT: The studies presented in this paper provide a first experimental test of the Particle Flow Algorithm (PFA) concept using data recorded in high granularity calorimeters. Pairs of overlaid pion showers from CALICE 2007 test beam data are reconstructed by the PandoraPFA program developed to implement PFA for a future lepton collider. Recovery of a neutral hadron's energy in the vicinity of a charged hadron is studied. The impact of the two overlapping hadron showers on energy resolution is investigated. The dependence of the confusion error on the distance between a 10 GeV neutral hadron and a charged pion is derived for pion energies of 10 and 30 GeV which are representative of a 100 GeV jet. The comparison of these test beam data results with Monte Carlo simulation is done for various hadron shower models within the GEANT4 framework. The results for simulated particles and for beam data are in good agreement thereby providing support for previous simulation studies of the power of Particle Flow Calorimetry at a future lepton collider.
Introduction
The experimental program for the future International Linear Collider (ILC) [1] and Compact Linear Collider (CLIC) [2] assumes a particle detector with unprecedented energy resolution for jets, about a factor two to three better than was achieved at LEP. Such a high resolution is crucial in investigations of Higgs boson properties and potentially decisive in searching for the lightest SUSY particles as well as in studies of Strong Electroweak Symmetry Breaking, where it would allow W and Z hadronic decays to be distinguished [1, 3] .
The most advanced and promising way to reach such a resolution utilizes the concept of a Particle Flow Algorithm (PFA). Using PFAs, ideally only the energy of neutral particles is measured in the calorimeters, while the charged particle energy is reconstructed in a tracker where the resolution is much better. Since the majority of particles in jets are charged and therefore can be identified in the tracker, the PFA approach outperforms the traditional calorimetric approach which derives the energy of the whole jet from calorimetric measurements. The best performance of a PFA can be achieved with a high granularity calorimeter, where it is possible to distinguish between showers created by charged and neutral particles. Related approaches in other experiments have been described in [4, 5] .
The capability of a PFA to recover neutral hadron energy in the vicinity of a charged hadron is of crucial importance because mis-assignment of energy would degrade the energy resolution. The mis-assignment of energy between showers is commonly referred to as "confusion". This may occur when the event reconstruction algorithm mixes up hits from showers created by charged and neutral hadrons as a result of shower overlapping. Another factor which may degrade the energy resolution is the mis-reconstruction of an overlap of a neutral hadron shower and a photon shower. However, to resolve this confusion, in contrast to the case of two hadron showers, energy profiles of electromagnetic showers can be used. In the case of two hadrons producing overlapping showers the task for a PFA becomes more complicated because the energy profiles are less useful and only topological and energy criteria can help to disentangle showers.
For the International Large Detector (ILD) [6] proposed for ILC, the PFAs were implemented in a number of reconstruction programs. Among them, the most developed is PandoraPFA [7] . It has become a part of the software [8] for the ILC and was tested using Monte Carlo (MC) simulated jets. For jet energies of 100-250 GeV, typical for the ILC, the PandoraPFA reconstruction of simulated events in the ILD concept provides a jet energy resolution of about 3% which is the goal for the experimental program. It allows the separation of the hadronic decays of W and Z bosons to better than 2.5σ for ILC energies and 1.5σ for CLIC energies [7] . The implementation of a PFA for CLIC energies is challenging because of the highly boosted jets.
The expected performance of a particle flow algorithm at an ILC detector, e.g. [7] , relies on the ability of the MC simulation to accurately model a number of aspects of hadronic showers. The agreement of MC tools with data allows the optimization of the design of the ILC detectors and therefore is here studied by the CALICE collaboration using test beam data [9, 10] . The misassignment of reconstructed energy between charged and neutral hadrons in dense jets drives the overall jet energy resolution. It is known that different available physics models give noticeably different predictions for hadron shower shapes, that might be important for resolving the overlapped hadron showers. Moreover, the real detector performance may not be as good as that of the idealized MC model. The main goal of this study is to provide validation of particle flow reconstruction, as implemented in PandoraPFA, using test beam data, and to compare the result with MC predictions. Such a validation would provide further evidence that the particle flow reconstruction performance for jets obtained in a simulation of the ILC detector concepts is realistic.
In this paper, the mis-assignment issue is studied by overlaying the hits from two charged pions as observed in the CALICE prototype calorimeter. By shifting the hits from one of the showers in the transverse direction, the effective confusion in the reconstruction can be studied as a function of the shower separation. Test beam data collected at CERN in 2007 by the CALICE detector prototype were used.
This prototype allows the reconstruction of hadron shower shapes with unprecedented accuracy. It consists of an ∼ 1λ I electromagnetic calorimeter (ECAL), an ∼ 5λ I hadronic calorimeter (HCAL) and an ∼ 6λ I tail catcher and muon tracker (TCMT), where λ I is the nuclear interaction length. The ECAL is a silicon-tungsten sampling calorimeter, made of 30 readout layers with active silicon wafers segmented into diode pads with a size of 1 × 1 cm 2 . The HCAL consists of 38 layers of highly-segmented scintillator plates sandwiched between steel absorber plates. The scintillator segments (tiles) in the zone close to the beam line have dimensions 3 × 3 cm 2 in the 30 front layers. In the rear and peripheral regions of the HCAL the segmentation is coarser. Every tile is read out individually by a silicon photomultiplier (SiPM). The TCMT consists of 16 readout layers interleaved between steel plates. The readout layer consists of twenty 100 × 5 cm 2 scintillator strips with alternate orientation in odd and even layers, read out by SiPMs.
The detailed description of the complete CALICE setup and first results on hadronic shower reconstruction and analysis can be found in [9 -12] . The CALICE calorimeter prototypes are very similar to the ILD concept. In this study, the longitudinal sampling (layer thicknesses and separations) in the ILD model are modified so as to exactly match the geometry of the CALICE test beam. The cell sizes in the ECAL and HCAL are chosen to be 1×1 cm 2 and 3×3 cm 2 respectively, corresponding to the CALICE ECAL and the smaller cells of the CALICE HCAL. Even though the prototype HCAL has coarser tiles in its peripheral region and a slightly smaller number of layers than those in the ILD detector concept, for energies up to 30 GeV the structure of hadron showers can be reconstructed with almost the same accuracy as ILD [10, 13] . To confront test beam data with MC, a GEANT4 [14] (version 4.9.2) simulation for two physics lists, LHEP and QGSP_BERT, was performed using beam profiles corresponding to the data runs.
Data Selection
Single charged pions of 10-30 GeV were selected in test beam data taken at the SPS (CERN). Backgrounds from electrons and protons were rejected with high efficiency using information from aCerenkov counter. The remaining background was also identified and rejected. It is comprised of muons, of events where multiple particles were observed, and of events with low visible energy. Initially the level of the background was 10% (30%) for 10 GeV (30 GeV) events.
The selected pion events were subjected to an additional selection procedure based on the energy containment of showers. This is necessary because the HCAL of the detector prototype is not deep enough (ECAL + HCAL ∼ 6λ ) to fully contain every hadronic shower. For "punchthrough" events, the remaining energy is reconstructed in the TCMT, however this detector is not sufficiently granular to be used in particle flow reconstruction. Hence only pion showers which have more than 95% of their visible energy contained in the ECAL + HCAL are used for the following analysis. Such a selection means that showers which start in the rear of the HCAL are not used. It is worth noting that a shower starting in the rear of the HCAL will be better separated due to the magnetic field in a future detector and hence the confusion for such a shower will be smaller.
For calibration and reconstruction the CALICE software packages were used [15] . The detailed description of the calibration and the reconstruction procedure can be found in [11, 16] . During the selection procedure only cells containing energy above half that expected from a minimum ionizing particle (0.5 MIP) were retained in order to reduce the effect of noise. Hereafter such signals will be called hits. The same reconstruction and selection procedures were applied to MC samples after digitization. The analysis is based on about 3300 events.
Overlaying Events

Shifting of Showers
Charged pion events in the CALICE prototype typically consist of a track-like section followed by a hadronic shower following the primary interaction. To estimate the layer where the primary interaction occurred, an algorithm was designed which, in essence, looks for the point at which the energy per layer and the number of hits increases. 1 Tests on MC samples for the HCAL have shown that the difference between the reconstructed and true primary interaction layer does not exceed 1 layer for 78% of events and does not exceed 2 layers for more than 90% of events.
The part of the event prior to the interaction was termed the primary track. A neutral hadron nearby to a charged pion was emulated by selecting two charged pion events. In one of the events, all hits up to the identified primary interaction are removed leaving an imitated neutral hadron shower. In what follows, we will call the energy of this shower the neutral hadron shower energy. This neutral hadron has a slightly reduced energy compared to the energy of the original beam particle since the energy lost up to the first interaction is not considered, but for simplicity such particles are always referred to with the energy of the original particle in the following. The hit positions of the neutral hadron shower are shifted in the transverse direction by between 5 cm and 30 cm and are then superimposed with the hits from the other selected charged pion. Since the shifting procedure requires determination of the shower axis position, the pion entry point into the calorimeter (primary track coordinates) was identified for each event. Figure 1 shows the energy distributions for the 30 GeV charged (left), 10 GeV charged (middle), and 10 GeV "neutral" (right) hadron events. These energies were chosen for the following analysis as being representative of a 100 GeV jet [17, 18] . The error bars are purely statistical. Throughout this paper, the calibration of the CALICE prototypes was defined so as to reconstruct the energy for electrons. Therefore the distributions for hadrons peak at lower energies than the beam energy, by approximately 20% (reflecting the π/e response ratio). In addition, the energy of the emulated "neutral" hadrons peaks lower than for the charged pions because the energy deposited by the incoming particle is discarded.
PandoraPFA Adjustment
The PandoraPFA represents the state of the art in high granularity Particle Flow Reconstruction. The original version of PandoraPFA assumed a collider detector geometry of a central tracker and barrel and end-cap calorimeters. 2 Due to the limitations of the existing software it was necessary to map the CALICE events onto a collider detector geometry. This was relatively simple since the CALICE prototype has a very similar geometry to the ILD detector at the ILC.
The events with two overlaid showers were mapped to the ILD structure with the dimensions of ECAL cells and with the number and thicknesses of layers and absorbers equal to those in CALICE 1 In detail, the following algorithm was used. The moving average A i of visible energy in MIPs in ten successive layers up to the i th layer and the number of hits in the i th layer N i are analyzed on a layer-by-layer basis starting from the first ECAL layer. When the conditions (A i + A i+1 ) > (6 + 0.1 · E beam /GeV) MIP and (N i + N i+1 ) > (3.77 + 1.44 · ln(E beam /GeV)) are satisfied the i th layer is considered to be the primary interaction layer. 2 The latest version of PandoraPFA which makes no assumptions about the detector geometry has only recently been released [19] . calorimeter prototypes. The ILD detector is an octahedral barrel with two endcaps (see [6] ). The CALICE prototype hits were put in the top octant of the barrel, layer by layer. Thus the CALICE beam became directed vertically up along the y axis in the ILD geometry. Since the tiles of the ILD HCAL have transverse dimensions 3 × 3 cm 2 , there is a difference in the transverse cell sizes between the prototype and ILD HCAL in peripheral regions of showers. The coarse cells in the prototype HCAL sample the lateral and longitudinal tails of the showers, where the particle density is low. Therefore, rather than subdividing the energy of a CALICE hit between several cells in the ILD calorimeter, instead the energy was simply placed in the ILD cell whose centre lay closest to the centre of the CALICE cell. The original distance between hits was thus preserved except for the border between the coarse and small cells. This slightly affects the shower topology in a way which complicates the task for PandoraPFA to resolve two showers, making our conclusions about PandoraPFA performance rather conservative. To make the energy comparison fair, the sum of the first and the second shower energy measured by the prototype should stay equal to the full energy written in the two hadron event. For this reason, signals from two hits in the same tile were simply added together in the process of shower merging. The possibility that the sum of two signals below the 0.5 MIP threshold exceeds the threshold after shower merging is ignored since such signals contribute about 0.1% of the energy of overlaid showers even when there is a small distance between them. Together with hits, the energy of the two showers measured by the CALICE prototype was written out and passed to PandoraPFA for comparison with the recovered energy of the showers. An identical procedure was applied to MC simulated showers. Inside the program, the CALICE calibration coefficients were used. The energy of showers was left at the calibration (electromagnetic) scale. The reclustering algorithm of PandoraPFA assumes knowledge of the energies of the charged particles based on tracking. In our case, this is replaced by the known beam energy, scaled by an estimation of the π/e ratio based on fits to distributions of the original measured energy such as those in figure 1. To account for small scale differences between beam data and simulations with different physics lists, the π/e ratio is determined for each of the data sets separately.
As the CALICE prototype was tested without a magnetic field, the PandoraPFA processor has been adjusted and simplified for this study. Modifications were made to the way in which the charged hadron track parameters are treated. To calculate the energy of the track and its entrance point position and direction, the assumed TPC track helix made from a fit to the TPC hits was replaced by a simple straight track projection which intersects the calorimeter barrel inner surface at zero xz position with normal incidence and has definite energy given by the scaled beam energy as explained above. Subsequent calculations of a distance between the helical track extrapolation and shower hits or clusters were replaced by a calculation of the distance from the extrapolation of the straight track. In the presence of a magnetic field, even though the hadron shower gets a little smearing, its end appears to be further from the jet axis than the shower beginning. Thus, the magnetic field makes it easier for PandoraPFA to separate showers. Therefore our analysis gives a conservative estimate for the PandoraPFA performance.
A number of the methods in the PandoraPFA algorithm, such as kink track cluster association, primary photon recovering, and multi-track cluster association splitting, are not appropriate for this analysis and are not run. The assignment of unused isolated hits and small (< 10 hits) clusters is done proportionally to the estimated energies of the charged and neutral hadrons. To calculate this proportion, the energy of the neutral hadron is taken equal to the difference between the summed energy of both hadrons measured in the calorimeter, and the mean energy of the charged hadron. Such an assignment gives actually zero mean difference between recovered and measured energies for a 10 GeV neutral hadron at large distances from a 10 GeV charged hadron, see section 4.
Recovering of Showers
The PandoraPFA is a very sophisticated multi-stage program which includes stages of clustering, reclustering and the removal of neutral fragments. The clustering algorithm is a cone-based procedure followed by topological merging of clusters. Reclustering is an iterative algorithm aiming to make consistent the cluster energy and the information of the associated track. Finally, both topological and energy criteria are utilized to merge fragments of charged clusters with parent clusters. In all, there are several tens of algorithms in the program, each of which corrects deficiencies of previous stages, thereby improving the reconstruction of showers. Due to the overlapping showers in the calorimeter, the energy recovered by PandoraPFA for each of the showers is not always accurate.
In this study, since the neutral hadron energy is known from the original (single particle) calorimetric measurement, this can be compared to the reconstructed energy from PandoraPFA to obtain an estimate of the level of confusion. In making this comparison, note that the original calorimetric measurement for the neutral hadron is lower than the appropriate beam energy ( figure 1  right) , since the calibration is to electromagnetic energy, and the ionization energy deposited by the incoming track is lost. Figure 2 shows the difference between the energy recovered by PandoraPFA and the original measured energy for a 10 GeV neutral hadron shower in the vicinity of a charged pion shower for two distances between them and for two charged pion energies. These distributions can be interpreted in terms of the confusion introduced by the pattern recognition. The maximum confusion takes place between a high energy charged hadron and a low energy neutral hadron (see bottom left plot in figure 2 ). The confusion is particularly large for events in which, due to intrinsic shower fluctuations, the difference between the measured charged hadron energy and the beam energy is comparable with the neutral hadron energy. This results in a peak around −7 GeV for a 30 GeV charged and a 10 GeV neutral hadron (see figure 2) . At large distances this confusion largely vanishes. For a 10 GeV charged hadron, the neutral hadron energy reconstruction is considerably better (see top plots in figure 2 ). >From the plots shown in figure 2 the mean value of the difference between recovered energy and original measured energy of a neutral hadron can be extracted. At small distances between particles where shower overlap is considerable, the mean energy of the neutral hadron recovered by PandoraPFA is typically lower than the corresponding energy measured in the calorimeter prototype (see figure 3 ). Due to a successful performance of the reclustering algorithm, even at zero distance, PandoraPFA recovers the neutral cluster energy correctly in a large fraction of events. The confusion naturally depends on the transverse size (radius) of showers and their internal structure. Therefore, the LHEP based simulation which gives narrower and more compact showers, predicts smaller confusion than is seen in data, while the simulations based on the QGSP_BERT physics list describe the data better, see figure 3 (and also figure 4, described below) .
The second characteristic used to estimate the confusion error is the root mean square (RMS) deviation. However, to avoid the over-emphasizing of the distribution tails, the RMS 90 value is used. It is defined as the RMS deviation of the recovered energy from the energy measured in the calorimeter prototype in the central region of the distribution which contains 90% of the events (see e.g. [7] ). The RMS deviation of the recovered energy of a neutral hadron from its measured energy can be interpreted as a confusion error. It is particularly large for the 30 GeV charged and overlapping 10 GeV neutral hadrons, see figure 4 . However, this does not affect the jet energy reconstruction accuracy at the ILC too much because the probability to find a 30 GeV charged particle in a 100 GeV jet is relatively low [18, 20] . Figure 5 shows the probability of recovering of the 10 GeV neutral hadron energy within 2 and 3 standard deviations from its real energy at different distances from 10 GeV and 30 GeV charged hadrons. For the beam data neutral hadron we take the standard deviation equal to 0.55 √ 10 × 0.82 − 0.6 GeV. Here the coefficients 0.55 and 0.82 are estimations of the stochastic term coefficient and the π/e ratio of the calorimeter prototype respectively, based on fits to distributions of the original measured energy such as those in figure 1 . The 0.6 GeV is the average primary track loss for the imitated neutral shower, estimated from the difference between the mean value of the energy distributions before and after the removal of the primary track. For the MC simulated neutral hadrons the standard deviation is calculated in the same manner, but using estimations based on fits to the appropriate distributions.
If the charged hadron is situated in the vicinity of a neutral hadron with similar or higher energy, the confusion is typically less than in the reversed situation. In figure 6 we use the test beam data to estimate how the confusion depends on the energy of the neutral hadron. In jets in a full detector such as ILD, the charged particles will tend to be separated from the neutrals by the magnetic field. Therefore, in this figure the charged hadron is placed at a distance typical of its deflection in a 4 T magnetic field in the ILD geometry. The RMS 90 deviation of the recovered neutral hadron energy from its measured energy does not depend significantly on the neutral hadron energy (see left plot in figure 6 ). The relative confusion is large for small neutral hadron energy.
-8 - This results in a smaller probability of neutral hadron energy recovery for small neutral hadron energy (see right plot in figure 6 ). 
Summary
To test the particle flow algorithm, PandoraPFA, we have mapped pairs of CALICE test beam events, shifted by the definite distances from each other, onto the ILD geometry. Then we modified the treatment of tracks in the PandoraPFA processor for the case of straight tracks. In this study we have investigated the hadron energy range typical for a 100 GeV jet. For jet fragment energies from 10 GeV to 30 GeV we estimated the confusion error for the recovered neutral hadron energy caused by the overlapping of showers. We have confronted our result for test beam data with the result of Monte Carlo simulations for LHEP and QGSP_BERT physics lists. The results for the data and MC are in a good agreement. This fact together with the successful PandoraPFA performance for simulated jets [7] allows us to consider the PandoraPFA program as a good reconstruction tool for a full-size experiment. Our results for the confusion are overestimated; in a full-size experiment the program would give smaller confusion. In particular, the fact that the prototype HCAL does not have a fixed tile size complicates the clustering procedure. Additionally, we underestimate the separation of showers towards the end of the calorimeter because, unlike a full detector, our testbeam apparatus has no magnetic field.
The agreement between the PandoraPFA performance achieved with real calorimeter prototype data and with the MC simulation demonstrates that the extrapolation to the complete detector is reliable. No hidden imperfections in the real data (imperfect calibration, non-uniformity of tile response, cross talk between tiles, dead or noisy channels) which could degrade the PFA performance were found. In particular, this conclusion is in agreement with the results of a study of the impact of tile non-uniformity reported in [21] . We find in our study that the QGSP_BERT physics list gives a better description of test beam data than does LHEP.
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